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1. Statement of results

Let K be a field with char(K) �= 2. Let us fix an algebraic closure Ka of K . Let
us put Gal(K) := Aut(Ka/K). If X is an abelian variety of positive dimen-
sion over Ka then we write End(X) for the ring of all its Ka-endomorphisms
and End0(X) for the corresponding (semisimple finite-dimensional) Q-algebra
End(X)⊗Q. We write EndK(X) for the ring of all K-endomorphisms of X and
End0

K(X) for the corresponding (semisimple finite-dimensional) Q-algebra
EndK(X) ⊗ Q. The absolute Galois group Gal(K) of K acts on End(X) (and
therefore on End0(X)) by ring (resp. algebra) automorphisms and

EndK(X) = End(X)Gal(K), End0
K(X) = End0(X)Gal(K),

since every endomorphism of X is defined over a finite separable extension of
K .

If n is a positive integer that is not divisible by char(K) then we write Xn

for the kernel of multiplication by n in X(Ka). It is well-known [21] that Xn

is a free Z/nZ-module of rank 2dim(X). In particular, if n = � is a prime then
X� is an F�-vector space of dimension 2dim(X).

If X is defined over K then Xn is a Galois submodule in X(Ka). It is known
that all points of Xn are defined over a finite separable extension of K . We
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